has stated that harmonic functions can be given a Looman-Menchoff characterization; but a generalization of the Looman-Menchoff theorem on which his proof is based is invalid, for there are functions having isolated singularities which satisfy the hypotheses of the generalization without satisfying the conclusion. For a generalization of the Looman-Menchoff theorem, see Maker [2] .
2. Notation and lemmas. By C(Q) we shall denote a square, by C(R) a rectangle, having sides parallel to the coordinate axes. The set consisting of the points of C(Q), or of C(R), plus its interior, will be denoted by <2, or R, respectively.
Let F be a non-null set closed with respect to the domain D, and C(Q) any square with Q lying in D, with sides of positive length and parallel to the coordinate axes, and with center at a point of F. Then the points common to F and Q will be called a portion of F.
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1 Numbers in brackets refer to the references cited at the end of the paper.
We shall use as lemmas the following known results. LEMMA 1. If u{x, y) is continuous at (x Q , j 0 ) and harmonic in a deleted neighborhood of (x 0l Jo), then u(x ) y) is harmonic at (x 0 , Jo).
PROOF. This follows from the fact that the function can be expanded in a two-way power series in a deleted neighborhood of (#o, Jo). LEMMA PROOF. The mean-value function,
If u(x, y) is harmonic in the finite domain Z>, then for each rectangle C(R) such that R lies in D we
has continuous partial derivatives of the second order in the part £> (r) of D in which w (r) (#, y) is defined. We have 
LEMMA 5. Let C(Q) be a square having sides parallel to the coordinate axes, let F be a closed non-null set in Q, let C(R) be the smallest rectangle (which may be degenerate) having sides parallel to the coordinate axes and satisfying the condition that F is contained in R, and let the vertices of C(R) have coordinates
(xi, 3>i), (#2, 3>i), (*2, y2)y (xi, y2), xi ^ x 2 , y 1 S y'2. It follows from (5) and Lemma 4 that thee is a portion P of F either consisting of a single isolated point of H, or contained in an FN of {F n }. But since F is perfect with respect to D, the former alternative is impossible, so that the latter alternative holds. The above portion P of F is contained in FN, and is the common part of F and a set Ço in D, where C(Qo) is a square in D with center at a point of F and with sides parallel to the coordinate axes.
If the real function w(x, y) is defined on the set Q, if the first order partial derivatives of w(x, y) exist, or even if the Dini dérivâtes are finite, at every point of Q except at most at the points of a denumerable set of points in Q, and if for the finite constant N we have
Let C(Q) be any square lying in Q Q and having its sides parallel to the coordinate axes, and let FQ be the common part of F and Q. Let the sides of C(Q) be divided into n equal parts, with n so large that the length of each part is less than or equal to 1/iV. Lines through the points of division parallel to the coordinate axes divide Q into n 2 squares. Let Q v , n , p = l, 2, • • • , /;/^n 2 , denote those of the n
